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Hypergeometric Zeta Functions:
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Connection with Hypergeometric Series: 
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Hypergeometric Series (a, b > 0):

Fractional Hypergeometric Zeta: 
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Error Zeta (N = 1/2): 
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Family Traits
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Analytic Continuation to Re(s) < 1
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Property Values
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Bernoulli Numbers: 
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II. Hypergeometric Zeta (s < 0):
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Generalized Bernoulli Numbers:
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Corollary (“Trivial” Zeros): z2(s) ∫ 0 on the left half-
plane {Re(s) < s2 ≈ – 2.4}, except for infinitely many 
zeros located on the negative real axis.
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Fractional Bernoulli Numbers:
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III. Error Zeta (s < 0):
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Reflection across the 
critical line Re(s) = 1/2:

Theorem (Euler-Riemann Functional Equation)
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Best of All Possible Worlds?

I. Classical Zeta:

A Functional Equation
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What Does the Future Hold?

1. Do fractional zeta functions satisfy a functional equation ?  
2. Locate nontrivial zeros of fractional zeta functions.
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